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Abstract – This study investigates the impact of semi-rigid joint behavior on the cyclic response of gabled 

structures with different roof slopes. A numerical analysis is conducted on gable frames featuring both rigid 

and semi-rigid column-beam joints. The cyclic behavior is examined using the ANSYS V14.5 software, 

with the Monforton and Wu model employed to simulate the linear response of semi-rigid joints. The 

primary objective of this research is to evaluate how joint flexibility influences the overall structural 

performance, particularly in terms of ductility, stiffness degradation, and energy dissipation under cyclic 

loading. The results indicate that gabled structures with high-pitched roofs and rigid joints exhibit 

significant flexibility and improved energy dissipation compared to similar structures with lower slopes. 

However, introducing semi-rigid joints further enhances the ductility of the structure, allowing for better 

absorption and dissipation of cyclic forces due to their increased rotational capacity. Moreover, the findings 

reveal that semi-rigid joints contribute substantially to the overall deformation capacity of gable frames, 

especially in low-slope configurations. In such cases, the structural response demonstrates pronounced 

ductility, making semi-rigid joints a good option for improving seismic resilience. Conversely, in steep-

slope gables, the influence of semi-rigid joints on overall behavior is less significant. These insights 

contribute to optimizing structural design by adjusting joint stiffness to specific slope conditions.   
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I. INTRODUCTION 

Steel structures consist of elements connected to each other through joints or assemblies. These 

connections have been the subject of extensive research in order to determine the impact of their behavior 

on the overall response of the structures. Understanding the role of joints, particularly semi-rigid ones, is 

crucial for accurately predicting the performance and resilience of steel frames under various loading 

conditions. The methods for analyzing semi-rigid connections have made significant advancements, 

allowing for a better understanding of their true behavior, which can then be integrated into the overall 

analysis of structures. Since the 1930s, numerous studies have been conducted to predict the behavior of 

these joints. These studies have shown that semi-rigid joints exhibit a nonlinear moment-rotation [M-Ө] 

response [1]. 

Monforton and Wu [2] were the first to incorporate the effects of semi-rigid connections into the stiffness 

matrix method in 1963. This was achieved by modifying the stiffness matrix of a beam to account for the 
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effect of the semi-rigidity of the joint in the analysis of frames. Since then, several models have been 

developed to predict the mechanical behavior of connections. In 1969, Lionberger and Weaver [3] studied 

the dynamic behavior of frames with semi-rigid joints, and in 1987, Lui and Chen [4] proposed semi-rigid 

frame analysis methods based on the stiffness matrix approach. 

Other empirical models such as Frye and Mouris [5], Kukreti et al. [6], [7], and analytical models like 

WF Chen et al. [8] have been the subject of extensive research aimed at understanding the real behavior of 

joints (moment-rotation). Experimental models are generally the most suitable for describing this aspect, 

although they are costly. On the other hand, mechanical models based on component methods and 

numerical models can complement the lack of experimental data [9]. The most recognized of these are 

those by Faella et al. [10], da Silva [11], [12], Nethercot and Zandounini [13], and Jaspart et al. [14]. These 

studies led to the publication of the first edition of Eurocode 3 in 2005 [15], which addresses the issue of 

semi-rigid joints in its Annex "J," based on a mechanical model founded on the component method. 

Further research has been conducted to better understand the impact and contribution of semi-rigid 

connections under various loading conditions on the overall behavior of steel structures. Nogueiro et al. 

[16] implemented the calibration of the modified Richard-Abbott model to determine the cyclic response 

of a joint with end plate. Bernuzzi et al. [17], Abolmaali et al. [18], and Elghazouli et al. [19] have studied 

the influence of geometric and mechanical characteristics of joint components on their behavior under 

cyclic loading. Stoakes et al. [20] investigated the effect of an upper gusset plate in a beam-column 

connection with an end plate under cyclic loading. Loureiro et al. [21] addressed the interaction between 

the minor axis and major axis effects on the cyclic response (stiffness and strength) of a three-dimensional 

joint. These works have been incorporated into structural analysis to observe the effect of joint semi-rigidity 

on global response. 

Static and dynamic analyses have been performed to predict structural behavior. These studies have been 

conducted on several structures with semi-rigid joints. AI-Bermani et al. [22] addressed the dynamic 

response of steel frames and determined the hysteretic damping by considering the nonlinear behavior of 

the joints using the "Bounding line model." Da Silva and Vellasco [23], [24] evaluated the effectiveness of 

semi-rigid joints and their influence on the economic performance of structures, accounting for both 

geometric and material nonlinearities. Mathe et al. [25] studied the impact of simplifying the nonlinear 

behavior of semi-rigid joints (Kishi and Chun law) on the dynamic response of framed structures. Similar 

cases were treated to determine the advantage of including semi-rigidity in the overall analysis of structures, 

as discussed by Bhatti [26], Stamatopoulos [27], Koriga et al. [28], Lu, Shengcan and Wang [29] and 

Karakurt et Meryem [30]. 

Masoodi and Moghaddam [31], [32] studied the effect of linear behavior semi-rigid joints in a gabled 

structure under seismic loading to determine the structural response. They concluded that this type of 

structure exhibits good performance under dynamic and seismic loading. 

In light of these studies, it appears that further research is still needed in this field, particularly regarding 

the behavior of structures with sloped roofs and semi-rigid joints, which serves as the foundation for our 

work.  

This study focuses on the most common type of steel structure, which is the industrial gabled frame, 

taking into account the effect of semi-rigid connections and the roof slope on the cyclic behavior of the 

structure. 

 

II. MODEL DESCRIPTION 

The structure studied is a gable frame with a fixed base, where the connection between the beam and the 

column is modeled by a linear rotational spring with negligible length. Its stiffness is calculated according 

to Monforton and Wu, 1963 [2], as illustrated in Table 3. The dimensions of the structure and the geometric 

characteristics of the section of the elements used are shown in Figure 1 and Table 2. 
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The roof slope is provided in the table. 1 

The roof Slope % 

S=0,0% S=20% S=40% S=60% 

 

 

 

 

 

 

 

 

 

 

 

 

 

 
Table 2: Geometrical characteristics of the element sections. 

h 

(mm) 

b 

(mm) 

tf 

(mm) 

tw 

(mm) 

The inertia of section I 

(cm4) 

Area section A (cm2) 

300 300 12 8,5 16340,1984 94,08 

 

A. Properties of the joints: 

The semi rigid joints are incorporated in the model as a rotational spring with a linear moment-rotation 

(M-ϴ) behavior; With variable stiffness given by Monforton and Wu, 1963 [2], expressed by the following 

equation [1] and [2]. The results are provided in Table 3. 

𝑴𝒊 = 𝑹𝒌𝒊 × 𝜽                                                           [1] 

𝑹𝒌𝒊 =
𝟑. 𝑬𝒃. 𝑰𝒃

𝑳𝒃
× [

𝒓

𝟏 − 𝒓
]                                      [2] 

Table 3: Stiffness value of semi-rigid joints 
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Rki = 1396 kN. m Rki = 13957 kN. m Rki = 55829 kN. m Rki = ∞ kN. m 

 

𝑅𝑘𝑖: is the linear rotational stiffness of the joints. 

According to the Eurocode 3 [15] which defines two limits at which the consideration of their stiffness in 

the structural analysis becomes necessary and significant. A joint is defined as rigid when its stiffness 

Fig.1 : The studied structure 
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exceeds 25EI/L, and as a hinged joint when its stiffness is less than 0.5EI/L. Between these two limits, the 

joints are considered semi-rigid. 

B. Material Properties 

The material is assumed to have a bilinear kinematic behavior with work hardening (Von Mises criterion), 

as shown in Figure 3, with an analysis. The elasticity modulus  𝐸𝑒𝑙 = 2,05 × 105MPa with a yield stress 

fy = 240MPa and the plastic modulus 𝐸 = 0.02𝐸𝑒𝑙 

 

 

 

Fig 3. contrainte-déformation curve. 

 

III. CYCLIC ANALYSIS 

The load is applied at the top of the column and is shown in Figure 2 with a load increment ∆F = 5 kN 

 

 

Fig 2. Cyclic loading description 

The main objective is to assess the structural displacement at the top of the column (point 2) subjected to a 

cyclic load "F(t)" as shown in Figure 2, applied at point 2 (Figure 1). This analysis is conducted for each 

roof slope given in Table 2, considering both rigid and semi-rigid connections. A nonlinear kinematic 

analysis is performed using the ANSYS V14.5 software. 
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In the first part, the study focuses on evaluating the effect of integrating semi-rigid connections in the 

analysis of the gable frame by varying both the roof slope and the connection stiffness (beam-to-column 

joint, as shown in Figure 1). 

The Algerian steel structure design code CCM97 which is based at the EC03 sets a limit on the maximum 

allowable displacement. 

Ux ≤
ℎ

150
: is the high of the structure 

In our case, the maximum displacement is limited to the allowable displacement multiplied by 5 (equation 

[3]), in order to reach the plastic displacement. 

Ux.max = 5 ×
h

150
                                                  [3]  

 

IV. RESULTS AND DISCUSSION 

 

(a)- Slope-S=0.0% 
 

(b)- Slope- S=20% 

 
(c)- Slope- S=40% 

 
(d)- Slope- S=60% 

Fig. 4: Hysteretic response at the top of the column as a function of the variation in stiffness connection and 

roof slope. 
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From the hysteresis loops illustrated in Figure 4, we observe that the structure with semi-rigid connections 

becomes increasingly dissipative compared to the same structure with rigid connections. 

From Figures (a), (b), (c), and (d) in Figure 5, we observe that the structure with a simple frame (S = 0%) 

exhibits greater stiffness compared to the structure with a double-pitched roof (S = 20%, S = 40%, and S = 

60%). Moreover, as the roof slope increases, the structure becomes significantly more ductile. 

 
(a)- Slope-S=0.0% 

 
(b)- Slope-S=20% 

 
(c)- Slope-S=40% 

 
(d)- Slope-S=60% 

Fig.5 : Envelope curves of the hysteresis loops from Fig. 4. 

From the envelope curves in Figure 5, we observe that the structure with rigid-joint and slope of “S= 60%” 

exhibits nearly the same behavior as the same structure with semi-rigid joints with a stiffness of 20EI/L and 

5EI/L. This leads us to conclude that the use of semi-rigid connections in high flexible structures (S= 60%) 

does not significantly affect their overall behavior. 
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(a)- Rigid joints (Rki =∞) 

 
(b): Semi-Rigid joints (Rki =20EI/L) 

 

 
(c): Semi-Rigid joints (Rki=5EI/L) 

 
(d): Semi-Rigid joints (Rki=0.5EI/L) 

Fig. 6: Hysteretic response at the top of the column as a function of the variation in roof slope and connection 

stiffness. 

From the hysteresis loops illustrated in Figure 4, we observe that as the roof slope increases, the structure 

becomes increasingly dissipative. Referring to Figure 5(a), we can say that as the slope increases, the 

structure becomes more and more ductile. Comparing Figure 5(a) to 5(d), we note that as the stiffness of 

the connections decreases, the structure tends to exhibit the same behavior regardless of the slope. 

In the second part, the same structure (Fig. 1) was studied using the same data (geometric and mechanical 

properties) as mentioned earlier, with the aim of determining the equivalence between the traverse slope 

value and the semi-rigidity of the connections in terms of linear behavior in the overall structural response. 
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(a) 

 
(b) 

Fig. 8: Comparison of the cyclic response (force-displacement envelope curve) at the top of the column 

between two structures with different slopes and connection stiffness. 

Figures (8-a) and (8-b) show that for a structure with slopes of 40% and 60% with rigid connections, the 

behavior is similar to that of a structure with a 20% slope and semi-rigid connections with stiffness values 

of 20EI/L and 5EI/L, respectively. 

 
(a) 

 
(b) 

Fig. 9: Comparison of the cyclic response (force-displacement envelope curve) at the top of the column between 

two structures with different slopes and connection stiffness. 

After analyzing the structure and based on the results from the envelope curve of the hysteresis loops shown 

in Figure 9, it can be inferred that the structure with rigid connections and slopes of 60% and 40% exhibits 

the same behavior as the structure with a 0.0% slope and semi-rigid connections with stiffness values of 

8EI/L and 3EI/L, respectively. 

 

V.  CONCLUSION 

In this study, a nonlinear cyclic analysis was conducted on a double-pitched structure with different slopes 

in order to determine the response of the structure, taking into account the connection stiffness using the 

Monforton and Wu model. 

• The higher the slope, the more considerable the energy dissipation; 

• The same observation can be made for the case of semi-rigid jointed structures; 

• It can also be concluded that frames with semi-rigid joints are more dissipative than those with rigid 

joints for the same frame study case; 



International Journal of Advanced Natural Sciences and Engineering Researches 

393 

• The envelope curves of the hysteresis loops converge when the roof slope exceeds 60%, especially 

for joints with stiffness greater than 5EI/L; 

• In the case of a 40% slope with rigid joints, the results are almost identical to those of a structure 

with a 20% slope and 0% slope, with connection stiffnesses of 20EI/L and 8EI/L, respectively; 

• The same observation holds for a 60% slope with rigid joints, which corresponds to slopes of 20% 

and 0% with connection stiffnesses of 5EI/L and 3EI/L. 

In summary, considering semi-rigid joints in the analysis of industrial structures provides greater ductility 

and energy dissipation. Additionally, industrial structures with steeper slopes dissipate energy more 

effectively than structures with lower slopes. 

 

ACKNOWLEDGMENT 

The authors sincerely thank USTHB, particularly the Faculty of Civil Engineering, and the CTTP for their 

support and resources. Gratitude is also extended to colleagues and mentors for their valuable insights. The 

contribution of the scientific community and the developers of ANSYS V14.5 and the Monforton and Wu 

model is acknowledged. Finally, special thanks go to my wife for her unwavering support and 

encouragement. 

 

REFERENCES 

 
[1] P. P. . Chan, S.L. & chui, “Non-linear static and cyclic analysis of steel frames with semi-rigid connections.,” 2000th 

ed., 2000. doi: 10.1016/B978-008042998-4/50002-8. 

[2] G. R. Monforton and T. H. Wu, “Matrix analysis of semi-rigid connected frames,” J. Struct. Div., vol. 89, no. 6, pp. 

13–24, 1963. 

[3] A. W. W. Steve R. Lionberger, “Dynamic Response of Frames with Nonrigid Connectors,” J. Eng. Mech. Div., vol. 

95, no. 1, pp. 95–114, 1969. 

[4] E. M. Lui and W. F. Chen, “Steel frame analysis with flexible joints,” J. Constr. Steel Res., vol. 8, no. C, pp. 161–202, 

1987, doi: 10.1016/0143-974X(87)90058-7. 

[5] M. J. Frye and A. Morris, “Analysis of Flexibly Connected Steel Frames,” no. 1 969, 1975. 

[6] A. R. Kukreti, T. M. Murray, and A. Abolmaali, “End-plate connection moment-rotation relationship,” J. Constr. 

Steel Res., vol. 8, pp. 137–157, 1987. 

[7] A. R. Kukreti, T. M. Murray, and M. Ghassemieh, “Finite element modeling of large capacity stiffened steel tee-

hanger connections,” Comput. Struct., vol. 32, no. 2, pp. 409–422, 1989, doi: 10.1016/0045-7949(89)90052-7. 

[8] W. F. Kishi, N., & Chen, “Moment-rotation relations of semirigid connections with angles,” J. Struct. Eng., vol. 116, 

no. 7, pp. 1813-1834., 1990. 

[9] C. Daz, P. Mart, M. Victoria, and O. M. Querin, “Review on the modelling of joint behaviour in steel frames,” J. 

Constr. Steel Res., vol. 67, no. 5, pp. 741–758, 2011, doi: 10.1016/j.jcsr.2010.12.014. 

[10] C. Faella, V. Piluso, and G. Rizzano, Structural steel semirigid connections: theory, design, and software, vol. 21. 

CRC press, 1999. 

[11] L. Simões Da Silva, L. R. O. De Lima, P. C. G. Pedro, and S. A. L. De Andrade, “Behaviour of flush end-plate beam-

to-column joints under bending and axial force,” Steel Compos. Struct., vol. 4, no. 2, pp. 77–94, 2004, doi: 

10.12989/scs.2004.4.2.077. 

[12] L. S. da Silva and A. M. G. Coelho, “An analytical evaluation of the response of steel joints under bending and axial 

force,” Comput. Struct., vol. 79, no. 8, pp. 873–881, 2001. 

[13] D. A. Nethercot and R. Zandonini, “STRUCTURAL CONNECTIONS. STABILITY AND STRENGTH. CHAPTER 

2. METHODS OF PREDICTION OF JOINT BEHAVIOUR: BEAM-TO-COLUMN CONNECTIONS,” Publ. Jason Consult. 

SA, 1989. 

[14] J. P. Jaspart, “General report: Session on connections,” J. Constr. Steel Res., vol. 55, no. 1–3, pp. 69–89, 2000, doi: 

10.1016/S0143-974X(99)00078-4. 

[15] E. C. for Standardization, EN 1993-1-8: 2005/AC: Eurocode 3, Design of Steel Structures. CEN, 2005. 

[16] P. Nogueiro, L. S. da Silva, and R. Bento, “Numerical Implementation and Calibration of a Hysteretic Model for 

Cyclic Response of End-Plate Beam-to-Column Steel Joints,” Comput. Methods Eng. Sci. Proc. Enhanc. Promot. Comput. 

Methods Eng. Sci. X, Aug. 21-23, 2006, Sanya, China, no. November 2015, 2007. 

[17] C. Bernuzzi, R. Zandonini, and P. Zanon, “Experimental analysis and modelling of semi-rigid steel joints under cyclic 

reversal loading,” J. Constr. Steel Res., vol. 38, no. 2, pp. 95–123, 1996, doi: 10.1016/0143-974X(96)00013-2. 



International Journal of Advanced Natural Sciences and Engineering Researches 

394 

[18] A. Abolmaali, A. R. Kukreti, and H. Razavi, “Hysteresis behavior of semi-rigid double web angle steel connections,” 

J. Constr. Steel Res., vol. 59, no. 8, pp. 1057–1082, 2003, doi: 10.1016/S0143-974X(03)00005-1. 

[19] A. Y. Elghazouli, C. Málaga-Chuquitaype, J. M. Castro, and A. H. Orton, “Experimental monotonic and cyclic 

behaviour of blind-bolted angle connections,” Eng. Struct., vol. 31, no. 11, pp. 2540–2553, 2009, doi: 

10.1016/j.engstruct.2009.05.021. 

[20] C. D. Stoakes and L. A. Fahnestock, “Cyclic flexural analysis and behavior of beam-column connections with gusset 

plates,” J. Constr. Steel Res., vol. 72, pp. 227–239, 2012, doi: 10.1016/j.jcsr.2011.12.008. 

[21] A. Loureiro, A. Moreno, R. Gutiérrez, and J. M. Reinosa, “Experimental and numerical analysis of three-dimensional 

semi-rigid steel joints under non-proportional loading,” Eng. Struct., vol. 38, pp. 68–77, 2012, doi: 

10.1016/j.engstruct.2011.12.048. 

[22] F. G. A. Al-Bermani, B. Li, K. Zhu, and S. Kitipornchai, “Cyclic and seismic response of flexibly jointed frames,” 

Eng. Struct., vol. 16, no. 4, pp. 249–255, 1994, doi: 10.1016/0141-0296(94)90064-7. 

[23] J. G. S. da Silva, L. R. O. de Lima, P. C. G. da, S. A. L. de Andrade, and R. A. de Castro, “Nonlinear dynamic 

analysis of steel portal frames with semi-rigid connections,” Eng. Struct., vol. 30, no. 9, pp. 2566–2579, 2008, doi: 

10.1016/j.engstruct.2008.02.011. 

[24] P. C. G. da, S. A. L. de Andrade, J. G. S. da Silva, L. R. O. de Lima, and O. Brito, “A parametric analysis of steel and 

composite portal frames with semi-rigid connections,” Eng. Struct., vol. 28, no. 4, pp. 543–556, 2006, doi: 

10.1016/j.engstruct.2005.09.010. 

[25] A. Mathe, A. Cătărig, and I. Moldovan, “Statics And Kinematics Of Semirigid Steel Frames Under Seismic Action,” 

J. Appl. Eng. Sci., vol. 5, no. 2, pp. 59–64, 2015, doi: 10.1515/jaes-2015-0022. 

[26] A. Q. Bhatti, “Dynamic response characteristics of steel portal frames having semi-rigid joints under sinusoidal wave 

excitation,” Int. J. Adv. Struct. Eng., vol. 9, no. 4, pp. 309–313, 2017, doi: 10.1007/s40091-017-0167-8. 

[27] G. N. Stamatopoulos, “Seismic response of steel frames considering the hysteretic behaviour of the semi-rigid 

supports,” Int. J. Steel Struct., vol. 14, no. 3, pp. 609–618, 2014, doi: 10.1007/s13296-014-3019-4. 

[28] S. Koriga, A. N. T. Ihaddoudene, and M. Saidani, “Numerical model for the non-linear dynamic analysis of multi-

storey structures with semi-rigid joints with specific reference to the Algerian code,” Structures, vol. 19, pp. 184–192, 2019, 

doi: 10.1016/j.istruc.2019.01.008. 

[29] S. Lu, Z. Wang, J. Pan, and P. Wang, “The Seismic Performance Analysis of Semi-rigid Spatial Steel Frames Based 

on Moment-Rotation Curves of End-plate Connection,” Structures, vol. 36, no. June 2021, pp. 1032–1049, 2022, doi: 

10.1016/j.istruc.2021.12.064. 

[30] M. Karakurt and K. Özgan, “Effects of beam-column connection rigidities and soil-structure interaction on seismic 

performance of steel frames,” J. Struct. Eng. Appl. Mech., vol. 6, no. 2, pp. 117–128, 2023, doi: 

10.31462/jseam.2023.02117128. 

[31] A. R. Masoodi and S. H. Moghaddam, “Nonlinear Dynamic Analysis and Natural Frequencies of Gabled Frame 

Having Flexible Restraints and Connections,” vol. 19, pp. 1819–1824, 2015, doi: 10.1007/s12205-015-0285-4. 

[32] A. Shooshtari, S. H. Moghaddam, and A. R. Masoodi, “Pushover analysis of gabled frames with semi-rigid 

connections,” Steel Compos. Struct., vol. 18, no. 6, pp. 1557–1568, 2015, doi: 10.12989/scs.2015.18.6.1557. 

 

 


